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Outline

The formation and structure of 
dark matter halos

How to map out a dark profile

Do we observe what we expect 
and if not, why?



Our picture of the Universe
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A non-linear problem

Planck 2013, XVI

Determining the 
background 

cosmology to 
enormous 

precision is great, 
but it does not tell 

you much about 
the nature of the 

Dark Universe. 
Non-linear 
structure 

formation does, 
BUT:



A non-linear problem

Planck 2013, XVI

There is no 
analytical 

description to 
make reliable 

predictions
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The mass function

Tinker et al. 2008

Number of 
collapsed objects 

as a function of 
mass and redshift



1996: Navarro, Frenk and White
Parent box with 
262144 Particles

sigma_8 = 0.63
h = 0.5 

19 re-simulations of halos of 
very different mass

A universal density profile was 
found, a fact which is remarkable 



And more recent work
Two developments

Bigger boxes, 
more halos

1Gpc/h boxes 

2048^3 particles

Result: 
> 100.000 haloes 

> 10^14 M_sol 
at z = 0

Not as universal,
some shape 

is needed
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What are the parameters

M(r) = 4πAsr
3
s

�
ln (1 + x)− x

1 + x

�
(1)

x =
r

rs
(1)c∆ = r∆

rs

typical 
characterizations:
r_2500 (SL, SZ)
r_500    (X-ray)
r_200    (WL)
r_vir      (“Theory”)



The M-c relation
Take away:

z = 0 

z = 1 

z = 2 

Typical c ~ 6-8

More massive 
halos are less 
concentrated

Older halos are 
more concentrated

The scatter is 
HUGE

Bhattacharya  et al. 2012
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Clusters



Clusters

Abell 611, Newman et al. 2009



Clusters

Newman et al. 2011
mean gNFW slope 

beta = 0.5 +/- 0.1 (stat.) +/- 0.14 (sys.)



What about baryons?
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Read & Gilmore 2005; Navarro et al. 1996

Inflow

Outflow

Repeat

Cusp

Core

3. The role of baryon physics | Cusp/core transformation

Wednesday, January 30, 2013

Slide totally stolen from 
J. Read

4 F. Governato et al.

Simulation Galaxies stellar DM part. Star part. Softening Overdensity Particles Vpeak

masses M! mass M! mass (M!) (pc) !!/! within Rvir km s!1

Fields 1 & 2 1010-108 1.6"105 8 "103 170 0.38 – 0.03 3.4-0.05"106 100-40
Field 3 & 4 3 " 108-105 2"104 103 85 0.58 – -0.07 2-0.05"106 55-30
Field 5 108-103.5 6"103 4.2"102 64 0.01 2-0.05"106 35-10

Table 1. Properties of the simulated galaxies. All masses in M". Column (2) lists the total stellar mass range for each galaxy in the
subsample at z=0. Columns (3) and (4) list the mass of individual dark matter and star particles, respectively. Column (5) shows ", the
spline gravitational force softening, in pc. Column (6) shows the overdensity in units of the average density around the most massive
halo in that zoomed-in region measured on a scale of 4h!1 Mpc. (7) lists the range in total number of particles (gas, stars and DM)
within the virial radius of the halo at z=0. (8) gives the peak velocity at z=0. All simulations but Field 4 have also been run as DM-only
(See Fig.2).

local radiation play an important role in determining the
structure of the ISM and where SF can occur (Kennicutt
1998; Elmegreen et al. 2008; Krumholz & McKee 2005;
Bigiel et al. 2008; Gnedin et al. 2009; Feldmann et al. 2011;
Narayanan et al. 2011). With this approach the local SF ef-
ficiency is linked directly to the local H2 abundance, as reg-
ulated by the gas metallicity and local radiation from young
stars. As a result, in our simulations stars naturally form in
high density regions around 10-100 amu cm!3 without hav-
ing to resort to simplified approaches based on a fixed local
gas density threshold (Governato et al. 2010; Saitoh et al.
2008; Guedes et al. 2011; Kuhlen et al. 2011). A Kroupa
(1993) IMF and relative yields are assumed. We include
a gas heating spatially uniform, time evolving UV cosmic
background following an updated model of Haardt & Madau
(1996). Gas heating from UV radiation progressively sup-
presses star formation in galaxies below 1010 M", making
small DM halos completely void of stars (Benson et al. 2002)
and reducing the overabundance of dwarf satellite galax-
ies (Moore et al. 1998). The smallest galaxies in our sample
have some SF occurring before reionization (z ! 9 in our
model) likely associated to H2 cooling and then in small,
sparse bursts thereafter.

The full details of our physically motivated SN feedback
implementation and its applications have been described
in several papers and shown to reproduce many galaxy
properties over a range of redshifts: Stinson et al. (2006);
Brooks et al. (2007); Governato et al. (2007); Pontzen et al.
(2008); Governato et al. (2009); Zolotov et al. (2009);
Pontzen et al. (2010); Brook et al. (2011); Brooks et al.
(2011); Guedes et al. (2011). As in G10 The SFR in our
simulations is set by the local gas density (!gas)

1.5 and a
SF e!ciency parameter, c# = 0.1 to give the correct nor-
malization of the Kennicutt-Schmidt relation (the SF e!-
ciency for each star forming region is much lower than the
implied 10%, as only a few star particles are formed before
gas is disrupted by SN winds). The maximum temperature
for gas to turn into stars is set to 3000K and the e!ciency
of SF is then further multiplied by the H2 fraction, which
e"ectively drops to zero in warm gas with T > 10,000 K.
As massive stars evolve into SN, mass, thermal energy and
metals are deposited into nearby gas particles. Gas cooling
is turned o" until the end of the snow plow phase as de-
scribed by the Sedov-Taylor solution, typically a few million
years. The amount of energy deposited amongst those neigh-
bors is 1051 ergs per SN event. Energy deposition from SN
feedback leads to enhanced gas outflows that remove low
angular momentum gas from the central regions of galaxies

Figure 1. The slope of the dark matter density profile # vs stel-
lar mass measured at 500 pc and z=0 for all the resolved halos
in our sample. The Solid ’DM-only’ line is the slope predicted for
the same CDM cosmological model assuming i) the NFW con-
centration parameter trend given by Macció et al (2007) and ii)
the same stellar mass vs halo mass relation as measured in our
simulations to convert from halo masses. Large Crosses: haloes re-
solved with more than 0.5 " 106DM particles within Rvir . Small
crosses: more than 5 " 104 DM particles. The small squares rep-
resent 22 observational data points measured from galaxies from
the THINGS and LITTLE THINGS surveys.

(Brook et al. 2011). We have verified that in this set of sim-
ulations the ‘loading factor’ of the winds, i.e. the amount of
baryons removed is typically a few times the current SFR,
similar to what is observed in real galaxies over a range
of redshifts (Martin 1999; Shapley et al. 2003; Kirby et al.
2011; van der Wel et al. 2011).

As SF is limited by the local H2 abundance, stars form
only in high density peaks su!ciently shielded from ra-
diation from hot stars and The SFHs of the galaxies in
our simulated sample are bursty over a significant frac-
tion of the Hubble time, but especially at high redshift
whey each galaxy is still divided into individual progeni-

c# 2002 RAS, MNRAS 000, 1–12

Governato et al. 2012 
Zolotov et al. 2012



Dwarf Spheroidals
See Matt Walker’s review:  arXiv 1205.0311
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A more exotic explanation
6 Rocha et al.

Figure 2. Top: Large scale structure in CDM (left) and SIDM1 (right) shown as a 50!50 h!1 Mpc slice with 10h!1 Mpc thickness through our cosmological
simulations. Particles are colored according to their local phase-space density. There are no visible differences between the two cases. Bottom: Small scale
structure in a Milky Way mass halo (Z12) simulated with CDM (left) and SIDM1 (right), including all particles within 200h!1 kpc of the halo centers. The
magnitude of the central phase-space density is lower in SIDM because the physical density is lower and the velocity dispersion is higher. The core of the
SIDM halo is also slightly rounder. Note that substructure content is quite similar except in the central regions

cross section runs here because no core density differences were re-
solved within the numerical convergence radii of our simulations.

As shown in §3 the self-interaction smoothing length hsi must
be larger than 20% the inter-particle separation in order to achieve
convergence on the interaction rate. All the work for this paper was
done with a fixed hsi for all particles carefully chosen for each sim-
ulation so that the self-interactions are well resolved at densities a
few times to an order of magnitude lower than the lowest densities
for which self-interactions are significant. We have run the cosmo-
logical boxes with different choices for hsi (changes by factors of
2 to 4) and have found that our results are unaffected. We have
also run tests on isolated halos with varying smoothing lengths and

again find that the effects of self-interactions are robust to reason-
able changes in hsi.

All of our halo catalogs and density profiles are derived
using the publicly available code Amiga Halo Finder (AHF)
(Knollmann & Knebe 2009).

With: M. Rocha, A. 
Peter, J. Bullock 

and M. Kaplinghat 
(UCI + OSU)

50 Mpc box

5 x 10^11 - 
2 x 10^14 m_sol

expected cluster 
core sizes:
~ 16-20 kpc 

(for 0.1 cm^2/g)sweet spot: 0.1 -1.0 cm^2/g 



A more exotic explanation
Self-Interacting Dark Matter Simulations I 7

Figure 3. Large-scale characteristics Left: Dark matter two-point correlation functions from our CDM-50 (CDM-25) and SIDM1-50 (SIDM1-25) simulations
in black (grey) and blue (cyan) colors respectively. There are no noticeable difference between the CDM and SIDM1 dark matter clustering over the scales
plotted. Right: Cumulative number density of dark matter halos as a function of their maximum circular velocity (Vmax) at different redshifts for our CDM-50
(solid) and SIDM1-50 (dashed) simulations. There are no significant differences in the Vmax functions of CDM and SIDM1 at any redshift.

5 SIMULATION RESULTS

5.1 Preliminary Illustrations

Before presenting any quantitative comparisons between our CDM
and SIDM runs, we provide some simulation renderings in order to
help communicate the qualitative differences.

The upper panels of Figure 2 show a large-scale comparison:
two (50!50!10) h!1 Mpc slices from the CDM-50 and SIDM1-
50 boxes side-by-side at z = 0. The structures are color-coded by
local phase-space density (" !/v3rms). It is evident that there are
no observable differences in the large-scale characteristics of CDM
and SIDM1. We discuss this result in more quantitative terms in
§5.2 but of course this is expected. The SIDM models we explore
do not have appreciable rates of interaction for densities outside the
cores of dark matter halos. The upper panels of Figure 2 provide a
visual reminder that the SIDM models we consider are effectively
identical to CDM on larges scales.

The differences between CDM and SIDM become apparent
only when one considers the internal structure of individual ha-
los. The lower panels of Figure 2 provide side-by-side images of a
Milky-Way mass halo (Z12) simulated with CDM (left) and SIDM1

(right). SIDM tends to make the cores of halos less dense and ki-
netically hotter (see §5.3) and these two differences are enhanced
multiplicatively in the phase-space density renderings. The central
regions of the host halo are also slightly rounder in the SIDM case
(Peter et al. 2012). Importantly, the difference in substructure char-
acteristics are minimal, especially at larger radii. We return to a
quantitative description of substructure differences in §5.4.

5.2 Large Scale Structure and Halo Abundances

Figure 3 provides a quantitative comparison of both the clustering
properties (left) and halo abundance evolution (right) between our
full-box CDM and SIDM1 simulations. The left panel shows the
two-point function of dark matter particles in both cosmological
runs for CDM and SIDM1. There are no discernible differences

between SIDM and CDM over the scales plotted, though of course
the different box sizes (and associated resolutions) mean that the
boxes themselves only overlap for a limited range of scales. For
a given set of initial conditions, however, SIDM and CDM give
identical results.

The right panel of Figure 3 shows the cumulative number
density of dark-matter halos (including subhalos) as a function of
their peak circular velocity (Vmax) for the CDM-50 (solid) and
SIDM1-50 (dashed) simulations at various redshifts. Remarkably,
this comparison shows no significant difference either – indicat-
ing that SIDM with cross sections as large as 1 cm2/g does not
strongly affect the maximum circular velocities of individual halos.
The two panels of Figure 3 demonstrate that for large-scale com-
parisons, including analyses involving field halo mass functions,
SIDM and CDM yield identical results. The implication is that ob-
servations of large-scale structure are just as much a “verification”
of SIDM as they are of CDM.

5.3 Halo Structure

Before presenting statistics on halo structure, we focus on six well
resolved halos that span our full mass range Mvir = 5 ! 1011 #
2 ! 1014 M", selected from our full simulation suite, including
our two zoom-simulation halos (Z12 and Z11). Figures 4 through
6 show radial profiles for the density, circular velocity and velocity
dispersion for all three dark matter cases. In each figure, black cir-
cles correspond to CDM, green triangles to SIDM0.1, and blue stars
to SIDM1. All profiles are shown down to the innermost resolved
radius for which the average two-body relaxation time roughly
matches the age of the Universe (Power et al. 2003).

We begin with the density profiles of halos shown in the six-
panel Figure 4. For each halo in the CDM run we have fit an NFW
profile (Navarro et al. 1997) to its radial density structure:

!NFW(r) =
!s r

3
s

r(rs + r)2
, (11)

and recorded its corresponding scale radius rs. The CDM-fit rs

With: M. Rocha, A. 
Peter, J. Bullock 

and M. Kaplinghat 
(UCI + OSU)

50 Mpc box

5 x 10^11 - 
2 x 10^14 m_sol

expected cluster 
core sizes:
~ 16-20 kpc 

(for 0.1 cm^2/g)sweet spot: 0.1 -1.0 cm^2/g 
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Figure 2. Surface density profiles for the same halo shown in Fig. 1, now projected along the intermediate axis. Deviations from axisymmetry are highest

along this projection.

Figure 3. Host halo shapes in shells of radius scaled by the virial radius in three virial-mass bins as indicated. The black solid lines denote the 20th percentile

(lowest), median (middle), and 80th percentile (highest) value of c/a at fixed r/rvir for CDM. The blue dashed lines show the median and 20th/80th percentile

ranges for σ/m = 1 cm
2/g, and the green dotted lines show the same for σ/m = 0.1 cm

2/g. There are 440, 65, and 50 halos in each mass bin (lowest mass

bin to highest).

3 SIMULATED HALO SHAPES

3.1 Preliminary Illustration

Before presenting a statistical comparison of CDM and SIDM halo

populations, we provide a pictorial illustration of how an individ-

ual halo changes shape as we vary the cross section. The columns

of Figs. 1 and 2 show surface density maps for the same halo sim-

ulated in CDM, SIDM0.1, and SIDM1 from left to right. In Fig.

1, we project the halo along the major axis, which is the orienta-

tion that maximizes the strong-lensing cross section (van de Ven,

Mandelbaum & Keeton 2009; Mandelbaum, van de Ven & Kee-

ton 2009). In Fig. 2, we project the halo along the intermediate

c� 0000 RAS, MNRAS 000, 000–000
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Figure 4. Density profiles for our six example halos from our SIDM1 (blue stars) and SIDM0.1 (green triangles) simulations and their CDM counterparts.
With self-interactions turned on, halo central densities decrease, forming cored density profiles. Solid lines are for the best NFW (black) and Burkert (blue) fits,
with the points representing the density at each radial bin found by AHF. The arrow indicates the location of the Burkert core radius rb. rs is the NFW scale
radius of the corresponding CDM halo density profile (black solid line). Burkert profiles provide a reasonable fit to our SIDM1 halos only because rb ! rs
for !/m = 1 cm2/g, so a cored profile with a single scale radius works. As discussed in §7 this is not the case for !/m = 0.1 cm2/g and thus Burkert
profiles are not a good fit to our SIDM0.1 halos.

in SIDM are not as strong as previously suggested on analytic
grounds. Here we show the cumulative number of subhalos larger
than a given Vmax for a sample of well-resolved halos in our CDM
(solid), SIDM0.1 (dotted), and and SIDM1 (dashed) simulations.
The associated virial masses for each host halo are shown in the
legend. The left panel presents the Vmax function for all subhalos
within the virial radius of each host and the right panel restricts the
analysis to subhalos within half of the virial radius. We see that gen-
erally the reduction in substructure counts at a fixed Vmax is small
but non-zero and that the effects appear to be stronger at small radii
than large. Similarly, there appears to be slightly more reduction of
substructure in the SIDM cluster halos compared to the galaxy size
systems.

We can understand both trends, 1) the increase in the differ-
ence between the CDM and SIDM Vmax functions as Mvir in-
creases and 2) the increase in the difference as one looks at the
central regions of the halo, using the results from the previous sec-
tion as a guide. The typical probability that particle in an SIDM
subhalo will interact with a particle in the background halo is

P ! "!host(r)("/m)vorb(r)#T T, (14)

where vorb(r) is the orbital speed of the subhalo at position r, !host
is the mass density of the host halo, and T is the orbital period.
The typical speed of the subhalo is similar to the rms speed of
the smooth component of the halo, and thus !host(r)("/m)vorb(r)

should be similar to the function we show in Figure 7. At fixed
r/rs we expect P to scale with Vmax as V 3

max/r
2
max (given that

!s $ V 2
max/r

2
max), which is a very mildly increasing function

of Vmax over the range of halo masses we have simulated. Note
though that we expect scatter at fixed halo mass because of the
scatter in the Vmax % rmax relation (Bullock et al. 2001).

While the increase in destruction of subhalos with host halo
mass is not strong, it is clear from the above arguments that subha-
los in the inner parts of the halo (r/rs & 1) should be destroyed
but the bulk of the subhalos around r/rs ' 1 and beyond should
survive for "/m = 1 cm2/g. This effect is strengthened by the
fact that subhalos in the innermost region of the halo were accreted
much longer ago than subhalos in the outskirts, so they have ex-
perienced many more orbits (Rocha et al. 2011). These arguments
explain the comparisons between the subhalo mass functions plot-
ted in Figure 8. Our arguments demonstrate that a large fraction of
the subhalos found in CDM halos (most of which are in the outer
parts) would still survive in SIDM halos for "/m values around or
below 1 cm2/g.

Overall in the previous two sections we have seen that the effects
of self-interactions between dark matter particles in cosmological
simulations are primarily in the central regions of dark matter ha-
los, leaving the large scale structure identical to our non-interacting
CDM simulations. Thus we retain the desirable features of CDM
on large scales while revealing different phenomenology near halo



What about the M-c relation 

50%
lensing
bias?

Umetsu11

Oguri09

Only a few clusters were mapped to necessary 
precision, but they posed a problem



The CLASH

To map the DM profile 
and substructure to 
unprecedented precision  

To detect SN 1a out to
z ~ 2.5

To detect and analyse 
galaxies out to z > 7

To study the structure 
and evolution of galaxies 
in and behind the clusters

Science DriversOne of three HST/MCT 
programmes ~550 orbits



The CLASH

To map the DM profile 
and substructure to 
unprecedented precision  

To detect SN 1a out to
z ~ 2.5

To detect and analyse 
galaxies out to z > 7

To study the structure 
and evolution of galaxies 
in and behind the clusters

Science DriversOne of three HST/MCT 
programmes ~550 orbits

Bilbao, autumn of 2012 
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SaWLens 
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First sample results from CLASH

JM, Umetsu, Coe & CLASH in prep.



Radial density profiles are so 2000



Radial density profiles are so 2000

Meneghetti et al. 2013



Conclusions
Collapsed structures follow an almost 

universal density profile, which is surprising

Numerical simulations predict a specific M-c 
relation

Observing the dark matter density profile 
over the full dynamic range is challenging

Observations of DM halos of very different 
mass ranges indicate some tension with 

LCDM
The CLASH M-c relation is good agreement 

with theory


